Rhomb population totals g, and g, in generations k and k+1

Theorem
Let
o, =(p (D), p(2), p,(3)), where p () eN (i=1,2,3;k=1,2,..)

S=(sinz/7,sin2x/7,sin3z/7)
4,=p-S (k=12,.)
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A, 14 =0+2cosx/7) (k=1,2,..)

Proof

Ay =P S
=E,p ‘S
= CpM)+2p,(2)+p,(3), 2p,(D+3p,(2)+3p,(3), p,(D+3p,(2)+5p,(3))-S
=[2p,(D+2p,(2)+ p,(3)]sinz /7
+[2p,(1)+3p,(2) +3p,(3)]sin27 /7
Hp (D) +3p,(2)+5p,(3)]sin37z /7

=[2p,(1)+2p,(2)+ p,(3)]cos5z /14
+[12p,(1)+3p,(2)+3p,(3)]cos37 /14
+[p,(D)+3p,(2)+5p,(3)]cosz /14

A=p-S
=p,(Dsinz/ 7+ p,(2)sin2x /T7+ p,(3)sin3x /7
=p,(D)cosS5z/14+ p,(2)cos3z /14+ p,(3)cosz /14

Then (1+2cosz/7) 4,

=[3+4cosz/7+2cos 27/ T]A,

=[3+4cosx/T+2cos 27/ T][p,(1)cos5x /14 + p,(2)cos37 /14 + p,(3)cosx /14]
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=3p,(Dcos5z/14+3p,(2)cos37w /14+3p,(3)cos 7 /14
+4p,(1)cos57 /14 cos2xw /14 +4p,(2)cos3zw /14 cos2x/14+4p,(3)cos2x /14 cosz /14
+2p,(I)cos57 /14 cosdr/14+2p,(2)cosdr /14 cos3w/14+2p,(3)cosdr /14 cosz /14

=3p,(Dcos5z/14+3p,(2)cos37 /14+3p,(3)cos 7 /14
+2p,(1)cos37 /14 +2p,(2)[cos5z /14 +cosm /14]+2p,(3)[cos37 /14 +cosm / 14]
+ p,(D[cosz /14 —cos5x /14]+ p,(2)cosm /14 + p,(3)[cos5z /14 4+ cos3m / 14]

=[2p,()+2p,(2)+ p,(3)]cos5z/14
+[2p,(1)+3p,(2)+3p,(3)]cos37 /14
+[ po,(D)+3p,(2)+5p,(3)]cos /14

=[2p,(D+2p,(2)+ p,(3sinz /7
+[2p,(1)+3p,(2)+3p,(3)]sin27z /7
+[ p(D+3p,(2)+5p,(3)]sin37 /7

=4
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